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I. 8i Aet B sont des points distincts sur un plan il :

y a au moins une ligne contenant & la fois A et B.

|
J

II. 81 A et B sont des points distincts sur un plan,
il n'y a pas plua qu'une ligne contenant a la
fols A et B.

III. Deux lignes quelcongue d'un plan ont au moins
un po:Lnt du plan en commun.

IV, I1 y a au moins une ligne sur un plan.

I. Tous les Qoin{:s suwitun plan n'appartiennent pas

V. Toute ligne contient au moins trois points sur un plan.
Li
4 la méme ligne.

VII.Afcune ligne r® contient plus que trois points du plam.
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MATHEMATICAL INDUCTION

We shall show, by meens of an example, that mathematical induétibn
is a deduction.

To show that 1+2+3¢4+..exn = 7LNFY
where n may be any number. ‘ b
1Y)

It is evident that whenn=1l, we have | = =

%
e
R ™

and so the general formula is true when applied to this case.
' z (v+1)
R

It is also evident that when n =2, we have [+ =

or 3=3, and.so the general formula is true when applied to this case.

. 3 (3+0)
Arain, when n =3, we have 14743 = ¢ < R

or €=¢, and so the general formula is true when applied to this case.

If we proceed this way, proving for each case, we shall never be
able o finish all the numbers becesuse they are infinite, and consequently, we
shall not be able to prove the general formula. Ahd if the numbers were finite,
even then, by vroving for each number till they are exhausted, we would have a
proof by a comnlete induction, i.e. by en enumeration of all cases, and such a
nroof would not be a proof depending upon the nature of a number. Ve shall seek,
then, a orsof which depends upon the nature of a numnber.

Since a number (i.e. any number) is finite and discrete, it is
numerable, that is, it csn be exhausted if the units are teken from it one by
cne. If we arrange the numbers in a sequence thus, 1,2,3,4,¢e4,0,40., it is evi-
dent that anv number, let us say n, can be reached by starting from 1, since
the nusnbers un to n are as many as the units of n and since the units of n can
be exhausted as we said before.If now the general formula is not true for any
number, tiere is a number for which it is not true. Let us call this number m.
‘his nurber m, either is the 3mallest number for which the general formule is not
true or is not the smallest. If it is not the smallest, then there is another
nunber, smaller than m, for which the general formula is not true.Let it be k.
Again, k is either the smallest for which the general formule is not true or is
not. If it is not, there is a smaller one, say Jj. Since, starting from m, and goi
towards 1,we traversc a finite number of steps, it is evident that there must be
& smallest nomber for vhich the general formula is not true, for if there were
no smallest aumber, we would be retreating towards 1 without ever reaching it.
Let then the smallest number, or first number, for vhich the general formula is
not true, be called b, It is evident, then, that the general formula is true for
each number ur to and including b—1. Thus, on the hypothesis that the general
formuls does not hold for each number, we must have the following:

_ _ y

(4) 1424344 400 b1 +b F £ ( L-#'I)

(B) 142+3ud4euefp-1) 2 LG:_I_{N’J'
*

How the parts of (&) are unequal, and those of (B) are equal. Since equals
subtracted from unequals the results are unequal, Snbtféﬁﬁing the parts of (B)
from the parts of (A), we must have

2. 2

st L0840 (ol Qe (-4 €3A-ANE =4y
e e S

Therafore b == & ‘
~his being impossible,it is false to say that the general formula is not true for

ALY everw number. Thus, Ue generel ] Areada Teccad e Ctece f'M— v
srnnhier. FTUG presf we baus waed ijwlwm‘ |
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There 1s an apparent discrepancy between St.Thomas's teaching

Analogical naming

on neming by analogy in Metaph.V,lect.8, De Veritate II,lect.ll,
De Potentia 7,8.7,and Ia Pars,XIII,a.5.

I.In MetaEh.V,B,he says that those things are one in proportion
or analogy such that thls is to that as one thing is to another.
Then he goes on to dlstinguish two modes of propoption:

(e) there is the case where two things are related

differently to something one: thus healthy is said

of urine signifies the relation of sign of health
(habltudinem signi sanitatis); 1t 1s said of medicine
because me@icine signifiesrtherrelation of catse of
health. Both relate to the same thing,which a third,
namely health which is in the animal,and not either in
sign or cause.

(b)there is a different case,where ther propbrtion is that
of two things to diverse things,such as the stilimess of
the sea to the serenity of the air. For Stillness is
the quiet of the sea,and serenity the quiet of the air=z.
((Note,here, that the name which is said analogically is
tquiet.'))

II. In de Veritate,II,1l,he distinguishes a twofold convenientia

according to proportion,and accordingly of analogical community.
(a)There 1s a convenientia between things which have a
proportion one to the other because of a determinate @Rtmkkm
distance between them or because of some k=m other
relatedhess(habitudo),such as that of the number two to
the unit,for it is twice the unit.((Notice that only

the number
two terms are involved here:/two and the unit.))

(b)But there can also be a convenlentia of two things one




to the other between which there is no proportion,but rather
a similitude of two proportions one to the ofher,in the way that |
the number six resembles the number four inasmuch as six is

three twice over,and four twice two.

Notice now that he calls the first a 'convenientia proportionis;'

. the sedond 'convenientia pproportionalitatis.!

(éhAs an instance of the first,where sbmething i1s sald analogically
of two things,one of which 1s related to the other,he cites
'being' as sald of substance,and of accident,because of the
relation of one to the other; and in this way 'healthy! was
sald of urine and of the animal,because urine has a certain
similtithde with the health of the animal.

(b) The second kind of proportion is illuétrated by the name 'sight!
which is sald of eyesight and of understanding,becau§27s¥§gt is
in the eye,so0 1is understanding in the imkeXZmekz mind.

St.Thomas then goes on to exclude the first kind of propovtion from
divine naming because it implies a 'determinata hebitudo!
between the things xmxmamed which have something in common by
proportion. For no creature has that kind of proportion to
God,by which a divine perfection would be determined.

But-in the second mode of proportion,which he had called proportionalit
no dterminate 'habitudo! between those things which have
something in common by way of proportion; hence,according to this

mode, a name may be saide analogically of God and of creature.

((Note how he explained this in the ad Lm.))

ITII. The De Potentla,VII,7,appears to offer a different doctrine.
St.Fhomas there distinguishes two kimdzzzf modes of analoglcal
predication:

(a) One in which something is predicated of two things with

respect to a third,in the way being is said of quality




(3)

and quantity with respect to a third something,viz.substance.

‘ is '
(b)Then there/asnother mode, according to which something

is predicated 6f Ywo xhigx things one with respect to
the other.((There is nox third ﬂére.))In this way, 'being!
is said of substance and quantity.
The St.Thomas applies this distinction to the case in point.
(a)He excludes the first ('ens de quakltate et quantitate
per réspectum ad suhstantlam',or'sanum de medicinsa et
urina per respectum ad animal). The reason is that
in this case there must be a third that is prior to the
two things of which semthing is said tith respect to that
third.And so there would ha¥%e to be something prior to God.
(b) But accordihg to the second mode,no third thing is implied;
what 1s implied is that one of the two things of which somett
is saild by analogy is prior to othe other,as suhstancg is
prior to accident,and health in the animal prior to that

|
which we predicate of medicine., ' .

((Notice, then, that St.Thomas here seems to concede }@@4&3¢4ﬂ7
mode which he relfects in the De Veritate.))

IV. Now the Ia Pars,XIII,5.St.Thomas makes the following distinction:
In the case of naming,to be said by analogy occurs in two ways:

(a)Either when many things have a proportion to one thing,

in the way that health is sald of madicine and urine
inasmuch as they have an order and proportion to the health
of the animsal.((Think of the other instance: quality and
quantity are called being with respect to subatmnee. Hence,
this is the case where a third,prior,term is implied,so

that it will not be true of divine naming.))
(b)But there is also the case where one thing is in proportion

to another,in the way health is said of animal and medicine,

R A




((of substance and of accldent)). And in this way some things
are sald of God and creature.((Notice that this was excluded
in De lxozcgj\tia,\z——,ﬂ',because of the 'determinata distantia’ )
The reason why this applies herex 1s that we caennot name
God except from creatures,namely according to an order
from creature to God as principle and cause of the creture.

Now,St.Thomas adds,a name which is thus said in mnayy
ways,signifies different proportions to something one,
iIn the way 'healthiy'sald of urine signifies a sign of

in the animal

healtly, and,said of medicine,it signifies a cause of kmaXkhy
that same health,namely that of the animal. ((So,here we
appear to have a'tertium quid' which was excluded above.
But the point is that the'tertium quidé 1s precisely God.
A.v.,'ens,' 'bonum,' and 'vivens{ are not daild of God
and creature with remspect to a third something that is
neither,in the way health is said of medicine and urine
with respect to the animal,or 'being'of qualitity and quantit;
No.'Being' will be said of God first,somewhat in the way |
in which it is said first of substance,but not quite in
this way: the order of 'prius' and 'posterius' is right, |
but the'determinata distantia' is wréng.This distance '
ié excluded by 'proportionality.! It must be excluded
because the 'ratio deitatls' is not included in the 'ratio
creaturae!',which was the case of accident including fhe ratio
substantiae as that in which the accident inhere and withéut
which the accident cannot be defined. This was brought out

in De Veritate II,11,ad Lm.)) o
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